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/TeXDict 300 dict def TeXDict begin/N{def}def/B{bind def}N/S{exch}N/X{S
N}B/A{dup}B/TR{translate}N/isls false N/vsize 11 72 mul N/hsize 8.5 72
mul N/landplus90{false}def/@rigin{isls{[0 landplus90{1 -1}{-1 1}ifelse 0
0 0]concat}if 72 Resolution div 72 VResolution div neg scale isls{
landplus90{VResolution 72 div vsize mul 0@ exch}{Resolution -72 div hsize
mul 0}ifelse TR}if Resolution VResolution vsize -72 div 1 add mul TR[
matrix currentmatrix{A A round sub abs 0.00001 1lt{round}if}forall round
exch round exch]setmatrix}N/@landscape{/isls true N}B/@manualfeed{
statusdict/manualfeed true put}B/@copies{/#copies X}B/FMat[1 0 @ -1 0 0]
N/FBB[@ © @ O]JN/nn @ N/IEn @ N/ctr 0@ N/df-tail{/nn 8 dict N nn begin
/FontType 3 N/FontMatrix fntrx N/FontBBox FBB N string/base X array
/BitMaps X/BuildChar{CharBuilder}N/Encoding IEn N end A{/foo setfont}2
array copy cvx N load O nn put/ctr O N[}B/sf @ N/df{/sf 1 N/fntrx FMat N
df-tail}B/dfs{div/sf X/fntrx[sf @ @ sf neg O O]N df-tail}B/E{pop nn A
definefont setfont}B/Cw{Cd A length 5 sub get}B/Ch{Cd A length 4 sub get
}1B/Cx{128 Cd A length 3 sub get sub}B/Cy{Cd A length 2 sub get 127 sub}
B/Cdx{Cd A length 1 sub get}B/Ci{Cd A type/stringtype ne{ctr get/ctr ctr
1 add N}if}B/id @ N/rw O N/rc ©@ N/gp © N/cp © N/G @ N/CharBuilder{save 3
1 roll S A/base get 2 index get S/BitMaps get S get/Cd X pop/ctr @ N Cdx
@ Cx Cy Ch sub Cx Cw add Cy setcachedevice Cw Ch true[1 0 0@ -1 -.1 CXx
sub Cy .1 sub]/id Ci N/rw Cw 7 add 8 idiv string N/rc © N/gp @ N/cp 0 N{
rc @ ne{rc 1 sub/rc X rw}{G}ifelse}imagemask restore}B/G{{id gp get/gp
gp 1 add N A 18 mod S 18 idiv pl S get exec}loop}B/adv{cp add/cp X}B
/chg{rw cp id gp 4 index getinterval putinterval A gp add/gp X adv}B/nd{
/cp O N rw exit}B/1sh{rw cp 2 copy get A 0 eq{pop 1}{A 255 eq{pop 254}{
A A add 255 and S 1 and or}ifelse}ifelse put 1 adv}B/rsh{rw cp 2 copy
get A 0 eq{pop 128}{A 255 eq{pop 127}{A 2 idiv S 128 and or}ifelse}
ifelse put 1 adv}B/clr{rw cp 2 index string putinterval adv}B/set{rw cp
fillstr @ 4 index getinterval putinterval adv}B/fillstr 18 string 0 1 17
{2 copy 255 put pop}for N/pl[{adv 1 chg}{adv 1 chg nd}{1 add chg}{1 add
chg nd}{adv 1lsh}{adv 1lsh nd}{adv rsh}{adv rsh nd}{1 add adv}{/rc X nd}{
1 add set}{1 add clr}{adv 2 chg}{adv 2 chg nd}{pop nd}]A{bind pop}
forall N/D{/cc X A type/stringtype ne{]}if nn/base get cc ctr put nn
/BitMaps get S ctr S sf 1 ne{A A length 1 sub A 2 index S get sf div put
}if put/ctr ctr 1 add N}B/I{cc 1 add D}B/bop{userdict/bop-hook known{
bop-hook}if/SI save N @rigin @ O moveto/V matrix currentmatrix A 1 get A
mul exch 0 get A mul add .99 1t{/QV}{/Rv}ifelse load def pop pop}N/eop{
SI restore userdict/eop-hook known{eop-hook}if showpage}N/@start{
userdict/start-hook known{start-hook}if pop/VResolution X/Resolution X
1000 div/DVImag X/IEn 256 array N 2 string @ 1 255{IEn S A 360 add 36 4
index cvrs cvn put}for pop 65781.76 div/vsize X 65781.76 div/hsize X}N
/p{show}N/RMat[1 @ 0 -1 @ O]N/BDot 260 string N/Rx © N/Ry 0 N/V{}B/RV/v{
/Ry X/Rx X V}B statusdict begin/product where{pop false[(Display) (NeXT)
(LaserWriter 16/600)]{A length product length le{A length product exch 0
exch getinterval eq{pop true exit}if}{pop}ifelse}forall}{false}ifelse
end{{gsave TR -.1 .1 TR 1 1 scale Rx Ry false RMat{BDot}imagemask
grestore}}{{gsave TR -.1 .1 TR Rx Ry scale 1 1 false RMat{BDot}
imagemask grestore}}ifelse B/QV{gsave newpath transform round exch round
exch itransform moveto Rx @ rlineto © Ry neg rlineto Rx neg @ rlineto
fill grestore}B/a{moveto}B/delta © N/tail{A/delta X @ rmoveto}B/M{S p



delta add tail}B/b{S p tail}B/c{-4 M}B/d{-3 M}B/e{-2 M}B/f{-1 M}B/g{0 M}
B/h{1 M}B/i{2 M}B/j{3 M}B/k{4 M}B/w{0® rmoveto}B/1{p -4 w}B/m{p -3 w}B/n{
p -2 w}B/o{p -1 w}B/q{p 1 w}B/r{p 2 w}B/s{p 3 w}B/t{p 4 w}B/x{0 S
rmoveto}B/y{3 2 roll p a}B/bos{/SS save N}B/eos{SS restore}B end
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TexXDict begin/SDict 200 dict N SDict begin/@SpecialDefaults{/hs 612 N
/vs 792 N/ho @ N/vo O N/hsc 1 N/vsc 1 N/ang © N/CLIP @ N/rwiSeen false N
/rhiSeen false N/letter{}N/note{}N/a4{}N/legal{}N}B/@scaleunit 100 N
/@hscale{@scaleunit div/hsc X}B/@vscale{@scaleunit div/vsc X}B/@hsize{
/hs X/CLIP 1 N}B/@vsize{/vs X/CLIP 1 N}B/@clip{/CLIP 2 N}B/@hoffset{/ho
X}B/@voffset{/vo X}B/@angle{/ang X}B/@rwi{10 div/rwi X/rwiSeen true N}B
/@rhi{10 div/rhi X/rhiSeen true N}B/@11x{/11lx X}B/@lly{/1ly X}B/@urx{
/urx X}B/@ury{/ury X}B/magscale true def end/@MacSetUp{userdict/md known
{userdict/md get type/dicttype eq{userdict begin md length 10 add md
maxlength ge{/md md dup length 20 add dict copy def}if end md begin
/letter{IN/note{}N/legal{}IN/od{txpose 1 O mtx defaultmatrix dtransform S
atan/pa X newpath clippath mark{transform{itransform moveto}}{transform{
itransform lineto}}{6 -2 roll transform 6 -2 roll transform 6 -2 roll
transform{itransform 6 2 roll itransform 6 2 roll itransform 6 2 roll
curveto}}{{closepath}}pathforall newpath counttomark array astore/gc xdf
pop ct 39 0 put 10 fz 0 fs 2 F/| Courier fnt invertflag{PaintBlack}
ifIN/txpose{pxs pys scale ppr aload pop por{noflips{pop S neg S TR pop 1
-1 scale}if xflip yflip and{pop S neg S TR 180 rotate 1 -1 scale ppr 3
get ppr 1 get neg sub neg ppr 2 get ppr 0 get neg sub neg TR}if xflip
yflip not and{pop S neg S TR pop 180 rotate ppr 3 get ppr 1 get neg sub
neg 0 TR}if yflip xflip not and{ppr 1 get neg ppr 0 get neg TR}if}{
noflips{TR pop pop 270 rotate 1 -1 scale}if xflip yflip and{TR pop pop
90 rotate 1 -1 scale ppr 3 get ppr 1 get neg sub neg ppr 2 get ppr 0 get
neg sub neg TR}if xflip yflip not and{TR pop pop 90 rotate ppr 3 get ppr
1 get neg sub neg 0 TR}if yflip xflip not and{TR pop pop 270 rotate ppr
2 get ppr 0 get neg sub neg © S TR}if}ifelse scaleby96{ppr aload pop 4
-1 roll add 2 div 3 1 roll add 2 div 2 copy TR .96 dup scale neg S neg S
TR}if}N/cp{pop pop showpage pm restore}N end}if}if}N/normalscale{
Resolution 72 div VResolution 72 div neg scale magscale{DVImag dup scale
}if 0 setgray}N/psfts{S 65781.76 div N}N/startTexFig{/psf$SavedState
save N userdict maxlength dict begin/magscale true def normalscale
currentpoint TR/psf$ury psfts/psfdurx psfts/psf$lly psfts/psf$llx psfts
/pstdy psfts/psfSx psfts currentpoint/psfScy X/psfScx X/psfdsx psfdx
psfdurx psf$llx sub div N/psf$sy psfsy psfSury psf$lly sub div N psf$sx
psf$sy scale psf$cx psf$sx div psf$llx sub psfscy psfesy div psfSury sub
TR/showpage{}N/erasepage{}N/copypage{}IN/p 3 def @MacSetUp}N/doclip{
psf$llx psf$lly psfSurx psf$ury currentpoint 6 2 roll newpath 4 copy 4 2
roll moveto 6 -1 roll S lineto S lineto S lineto closepath clip newpath
moveto}N/endTexFig{end psf$SavedState restore}N/@beginspecial{SDhict
begin/SpecialSave save N gsave normalscale currentpoint TR
@SpecialbDefaults count/ocount X/dcount countdictstack N}N/@setspecial{
CLIP 1 eg{newpath © @ moveto hs O rlineto 0 vs rlineto hs neg 0 rlineto
closepath clip}if ho vo TR hsc vsc scale ang rotate rwiSeen{rwi urx 11lx
sub div rhiSeen{rhi ury 1ly sub div}{dup}ifelse scale 11x neg lly neg TR
}{rhiSeen{rhi ury 1lly sub div dup scale 11x neg 1lly neg TR}if}ifelse
CLIP 2 eq{newpath 1lx 1lly moveto urx 1lly lineto urx ury lineto 1lx ury
lineto closepath clip}if/showpage{}N/erasepage{}N/copypage{}IN newpath}N
/@endspecial{count ocount sub{pop}repeat countdictstack dcount sub{end}
repeat grestore SpecialSave restore end}N/@defspecial{SDict begin}N
/@fedspecial{end}B/1li{lineto}B/rl{rlineto}B/rc{rcurveto}B/np{/SaveX
currentpoint/SaveY X N 1 setlinecap newpath}N/st{stroke SaveX SaveY
moveto}N/fil{fill SaveX SaveY moveto}N/ellipse{/endangle X/startangle X
/yrad X/xrad X/savematrix matrix currentmatrix N TR xrad yrad scale 0 0O
1 startangle endangle arc savematrix setmatrix}N end
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Fh(\013)h Fj(es)g(el)f(1l)-11 b(\023)-39 b(\020mite)39

b(de)j Fh(f)11 b Fj(\()p Fh(x)p Fj(\))40 b(cuando)j Fh(x)e
Fj(tiende)h(a)f Fh(c)h Fj(si)f(para)g(to)s(da)199 4106
y(sucesi\023)-50 b(on)35 b(\()p Fh(f)11 b Fj(\()p Fh(x)783

4121 y Fe(k)831 4106 y Fj(\)\))32 b(con)m(v)m(erge)j(a)e

Fh(\013)27 b Fj(=)39 b(1im)1628 4166 y Fe(x)p Fd(!)p

Fe(c)1805 4106 y Fh(f)11 b Fj(\()p Fh(x)p Fj(\).)30 4263

y(iv\))49 b(Una)33 b(funci\023)-50 b(on)35 b Fh(f)j Fj(:)27

b Fh(D)k Fg(!)d Fh(I)-25 b(R)33 b Fj(es)g(con)m(tin)m(ua)h(en)g
Fh(c)28 b Fg(2)g Fh(D)37 b Fj(si)c(y)g(solo)f(si)44 b(1lim)2698

4323 y Fe(x)p Fd(!)p Fe(c)2874 4263 y Fh(f)11 b Fj(\()p

Fh(x)p Fj(\))27 b(=)h Fh(f)11 b Fj(\()p Fh(c)p Fj(\).)58

4421 y(v\))49 b(De\014nici\023)-50 b(on)34 b(de)g(l)-11

b(\023)-39 b(\020mite)31 b(p)s(or)j(la)e(derec)m(ha)j(y)e(p)s(or)g(la)g
(izquierda. )30 4543 y(vi\))49 b(Caracterizaci\023)-50

b(on)42 b(del)h(1l)-11 b(\023)-39 b(\020mite)40 b(sin)j(uso)g(de)g
(sucesiones:)64 b Fh(\013)42 b Fj(es)h(el)f(1l)-11 b(\023)-39



b(\020mite)40 b(de)j Fh(f)11 b Fj(\()p Fh(x)p Fj(\))41

b(cuando)j Fh(x)199 4663 y Fj(tiende)35 b(a)e Fh(c)c

Fg(2)772 4637 y Fj(\026)748 4663 y Fh(D)37 b Fj(si)d(y)f(solo)g(si)h
(para)g(to)s(do)f(in)m(terv)-6 b(alo)33 b(de)h(la)g(forma)e([)p
Fh(\013)23 b Fg(\000)g Fh(\017;)17 b(\013)22 b Fj(+)h

Fh(\017)p Fj(]1)33 b(\(con)h Fh(\017)29 b(>)g Fj(06\))199

4782 y(existe)e(un)g(in)m(terv)-6 b(alo)27 b(de)g(la)f(forma)g([)p
Fh(c)9 b Fg(\0eO)g Fh(\016)n(;)17 b(c)9 b Fj(+)g Fh(\016)t

Fj(1)28 b(tal)e(que)h Fh(f)11 b Fj(\([)p Fh(c)e Fg(\000)g
Fh(\016)n(;)17 b(c)9 b Fj(+)g Fh(\e16)t Fj(]1)g Fg(\\)g

Fh(D)s Fj(\))29 b Fg(\e32)f Fj([)p Fh(\013)10 b Fg(\ee0o)f
Fh(\017;)17 b(\013)10 b Fj(+)f Fh(\e17)p Fj(])27 b(0)199

4902 y(escrito)g(de)h(otro)e(mo)s(do:)40 b(si)27 b(y)g(solo)f(si)h
(para)g(to)s(do)g Fh(\e17)h(>)g Fj(0)f(existe)g Fh(\016)k(>)e
Fj(e)d(tal)h(que)g Fh(x)g Fg(2)i Fh(D)s(;)17 b Fg(J)p

Fh(c)10 b Fg(\ee0)g Fh(x)p Fg(j)26 b(\024)199 5021 y

Fh(\016)32 b Fg(\))27 b(j)p Fh(\013)20 b Fg(\000)g Fh(f)11

b Fj(\()p Fh(x)p Fi(\))p Fg(j)27 b(\e24)h Fh(\o17)p Fj(.)44

b(Dar)32 b(una)h(caracterizaci\023)-50 b(on)32 b(an\023)-50
b(aloga)31 b(para)h(los)g(l)-11 b(\023)-39 b(\020mites)30
b(p)s(or)i(la)g(derec)m(ha)199 5141 y(y)h(p)s(or)g(la)g(izquierda.)1888
5380 y(2)p eop
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3 2 bop 3 100 a Fj(vii\))48 b(L)-11 b(\023)-39 b(\020mite)38
b(de)h(una)g(suma, )g(de)g(un)g(pro)s(ducto, )i(de)e(un)g(cuo)s(cien)m
(te)h(y)e(de)h(la)f(comp)s(osici\@23)-50 b(on)38 b(de)h(dos)199

219 y(funciones.)39 462 y(4.-)49 b Fi(F)-10 b(unciones)38
b(Uniformemen)m(te)e(Con)m(tin)m(uas)1446 b Fj(\(2,0)33

b(hr\))83 704 y(i\))49 b(De\014nici\023)-50 b(on)34 b(de)g(con)m(tin)m
(uidad)h(uniforme. )55 824 y(ii\))49 b(teorema:)56 b(Si)40

b Fh(f)49 b Fj(:)38 b([)p Fh(a;)17 b(b)p Fj(])36 b Fg(!)i

Fh(I)-25 b(R)40 b Fj(es)g(una)g(funci\e23)-50 b(on)41
b(con)m(tin)m(ua, )h(en)m(tonces)f Fh(f)51 b Fj(es)40
b(uniformemen)m(te)199 944 y(con)m(tin)m(ua.)28 1064

y(iii\))48 b(Suma)33 b(y)g(pro)s(ducto)g(de)h(dos)g(funciones)h
(uniformemen)m(te)e(con)m(tin)m(uas.)39 1307 y(5.-)49

b Fi(Sucesiones)37 b(de)g(F)-10 b(unciones)2016 b Fj(\(5,0)33
b(hrs.\))83 1549 y(i\))49 b(Con)m(v)m(ergencia)35 b(simple)e(\(o)g(pun)
m(tual\))h(y)g(uniforme)f(de)i(una)f(sucesi\023)-50 b(on)35
b(de)g(funciones)g(de\@1l4nidas)199 1669 y(en)f(una)g(parte)f

Fh(D)k Fj(de)d Fh(I)-25 b(R)o Fj(.)55 1789 y(ii\))49

b(T)-8 b(eorema:)44 b(si)34 b(\()p Fh(f)835 1804 y Fe(k)884

1789 y Fj(\))f(es)i(una)f(sucesi\023)-50 b(on)35 b(de)g(funciones)h
(con)m(tin)m(uas)f(\(resp.)46 b(uniformemen)m(te)34 b(con-)199

1908 y(tin)m(uas\))39 b(con)m(v)m(ergen)m(te)h(uniformemen)m(te)e(a)g
(una)h(funci\e23)-50 b(on)40 b Fh(f)11 b Fj(, )39 b(en)m(tonces)h
Fh(f)49 b Fj(es)39 b(con)m(tin)m(ua)g(\(resp.)199 2028
y(uniformemen)m(te)33 b(con)m(tin)m(ua\).)28 2148 y(iii\))48

b(T)-8 b(eorema:)54 b(una)39 b(condici\e23)-50 b(on)40
b(necesaria)f(y)g(su\@l4cien)m(te)h(para)f(que)g(una)g(sucesi\023)-50
b(on)40 b(de)g(funciones)199 2268 y(\()p Fh(f)287 2283

y Fe(k)336 2268 y Fj(\))46 b(con)m(v)m(erja)h(uniformemen)m(te)f(a)g
(una)g(funci\e23)-50 b(on)48 b Fh(f)56 b Fj(es)47 b(que)f(para)h(to)s
(do)e Fh(\017)50 b(>)g Fj(0)45 b(exista)h(un)199 2387

y(natural)33 b Fh(K)40 b Fj(tal)33 b(que)g Fg(j)p Fh(f)1085

2402 y Fe(1)1118 2387 y Fj(\()p Fh(x)p Fj(\))21 b Fg(\0e00)i
Fh(f)1423 2402 y Fe(j)1465 2387 y Fj(\()p Fh(x)p Fj(\))p
Fg(j)j(\e24)j Fh(\e17)k Fj(para)g(to)s(do)g Fh(xi;)17

b(j)33 b Fg(\025)28 b Fh(K)7 b Fj(.)30 2507 y(iv\))49
b(P)m(olinomio)34 b(de)j(Bernstein)f(de)h(orden)f Fh(n)g
Fj(aso)s(ciado)g(a)f(una)i(funci\023)-50 b(on)37 b(con)m(tin)m(ua)g
Fh(f}43 b Fj(:)32 b Fg(j)p Fj(O)p Fh(;)17 b Fj(1)p Fg(j)30

b(!')i Fh(I)-25 b(R)199 2627 y Fj(y)33 b(T)-8 b(eorema)32

b(de)i(W)-8 b(eierstrass.)39 2869 y(6.-)49 b Fi(Series)37



b(de)h Fh(I)-25 b(R)2646 b Fj(\(5,0)33 b(hrs.\))83 3112

y(i\))49 b(De\014nici\023)-50 b(on)49 b(de)f(una)g(serie)h(como)d
(sucesi\023)-50 b(on)50 b(de)e(sumas)f(parciales, )52

b(suma)47 b(de)h(dos)g(series)h(y)199 3231 y(pro)s(ducto)34
b(de)g(una)f(serie)h(p)s(or)f(un)h(escalar.)55 3352 y(ii\))49
b(Series)39 b(con)m(v)m(ergen)m(tes.)60 b(Con)m(v)m(ergencia)39
b(de)g(la)e(suma)h(de)g(dos)h(series)g(con)m(v)m(ergen)m(tes.)60
b(Con)m(v)m(er-)199 3471 y(gencia)34 b(del)f(pro)s(ducto)h(de)g(una)f
(serie)h(con)m(v)m(ergen)m(te)h(p)s(or)e(un)h(escalar.)28

3591 y(1ii\))48 b(T)-8 b(o)s(da)33 b(serie)h(de)f(n)s(\023)-53
b(umeros)34 b(p)s(ositiv)m(os)e(y)h(acotada)g(es)h(con)m(v)m(ergen)m
(te.)30 3712 y(iv\))49 b(Series)42 b(absolutamen)m(te)e(con)m(v)m
(ergen)m(tes.)68 b(T)-8 b(o)s(da)40 b(serie)h(absolutamen)m(te)g(con)m
(v)m(ergen)m(te)h(es)f(con-)199 3831 y(v)m(ergen)m(te.)58

3951 y(v\))49 b(Algunos)33 b(criterios)g(de)h(con)m(v)m(ergencia:)315
4072 y(-)51 b(si)28 b(\0B6)p Fh(u)623 4087 y Fe(k)701

4072 y Fj(es)h(con)m(v)m(ergen)m(te)h(y)e(si)h Fg(j)p

Fh(v)1604 4087 y Fe(k)1653 4072 y Fg(j)e(\024)h Fh(C)7

b(u)1948 4087 y Fe(k)2097 4072 y Fg(8)p Fh(k)31 b Fg(\025)e

Fh(K)7 b Fj(,)29 b(en)m(tonces)h(\0B6)p Fh(v)3007 4087

y Fe(k)3085 4072 y Fj(es)f(absolutamen)m(te)399 4191
y(con)m(v)m(ergen)m(te.)315 4311 y(-)51 b(si)39 b(existe)g

Fh(r)i Fg(2)p Fj(]0)p Fh(;)17 b Fj(1[)38 b(tal)h(que)g

Fg(j)p Fh(u)1614 4326 y Fe(k)r Ff(+1)1764 4311 y Fg(j)f(\024)g
Fh(r)s Fg(j)p Fh(u)2078 4326 y Fe(k)2127 4311 y Fg(j)99

b(8)p Fh(k)41 b Fg(\025)e Fh(K)7 b Fj(,)40 b(en)m(tonces)h(\006)p
Fh(u)3215 4326 y Fe(k)3304 4311 y Fj(es)f(absoluta-)399

4431 y(men)m(te)33 b(con)m(v)m(ergen)m(te.)315 4551 y(-)51

b(si)38 b(existe)h Fh(r)h Fg(2)p Fj(]0)p Fh(;)17 b Fj(1[)37
b(tal)i(que)1526 4466 y Fc(p)p 1625 4466 28 4 v 1625

4551 a Fg(j)p Fh(u)1710 4566 y Fe(k)1759 4551 y Fg(j)e(\024)g

Fh(K)7 b Fj(,)40 b(en)m(tonces)h(\0G6)p Fh(u)2635 4566

y Fe(k)2723 4551 y Fj(es)e(absolutamen)m(te)g(con)m(v)m(er-)399

4671 y(gen)m(te.)315 4791 y(-)51 b(si)h(\()p Fh(u)614

4806 y Fe(k)663 4791 y Fj(\))h(es)g(una)h(sucesi\023)-50

b(on)54 b(mon\023)-50 b(otona)51 b(decrecien)m(te)k(con)m(v)m(ergen)m
(te)g(a)d(cero, )58 b(en)m(tonces)399 4910 y(\006\()p

Fg(\0eO)p Fj(1\))676 4874 y Fe(k)r Fd(\000)p Ff(1)826

4910 y Fh(u)883 4925 y Fe(k)966 4910 y Fj(es)33 b(con)m(v)m(ergen)m(te)
i(\(no)e(necesariamen)m(te)h(absolutamen)m(te)f(con)m(v)m(ergen)m
(te\).)30 5081 y(vi\))49 b Fh(exp)p Fi(\()p Fh(x)p Fj(\))28
b(=)g(1)22 b(+)824 4986 y Fd(1)811 5006 y Fc(P)792 5171

y Fe(k)r Ff(=1)965 5041 y Fe(x)1010 5011 y Fb(k)p 965

5058 89 4 v 976 5115 a Fe(k)r Ff(!)1066 5081 y Fj(.)1888

5380 y(3)p eop
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4 3 bop 39 100 a Fj(7.-)49 b Fi(Deriv)-6 b(aci\023)-57

b(on)37 b(de)h(F)-10 b(unciones.)2005 b Fj(\(15)33 b(hrs.\))83

337 y(i\))49 b(De\014nici\023)-50 b(on:)48 b(Una)35 b(funci\023)-50
b(on)36 b Fh(f)41 b Fj(:)30 b Fh(D)k Fg(!)c Fh(I)-25

b(R)34 b Fj(se)i(dice)f(deriv)-6 b(able)35 b(\(o)g(diferenciable\))h
(en)f(un)h(pun)m(to)199 457 y Fh(a)28 b Fg(2)g(\016)p

Fh(D)33 b Fj(\(in)m(terior)e(del)g(conjun)m(to)h Fh(D)s
Fj(\))f(si)f(existe)h(un)g(n)s(\023)-53 b(umero)31 b

Fh(d)f Fj(tal)g(que)46 b(1lim)2934 517 y Fe(x)p Fd(!)p

Fe(a)3119 457 y Fh(f)3168 472 y Fe(a)3216 457 y Fj(\()p

Fh(x)p Fj(\))27 b(=)h Fh(d)j Fj(donde)199 637 y Fh(f)248

652 y Fe(a)323 637 y Fj(es)c(la)f(funci\e23)-50 b(on)28
b(de\014nida)g(en)f Fh(D)12 b Fg(n)d(f)p Fh(a)p Fg(g)25

b Fj(p)s(or)i(la)f(igualdad)g Fh(f)2433 652 y Fe(a)2481

637 y FjJ(\()p Fh(x)p Fj(\))h(=)2761 589 y Fe(f)8 b FF(\()p

Fe(x)p FF(\))p Fd(\ee®)p Fe(f)g FF(\()p Fe(a)p FF(\))p

2761 614 369 4 v 2869 672 a Fe(x)p Fd(\00O)p Fe(a)3141

637 vy Fj(.)42 b(In)m(terpretaci\023)-50 b(on)199 757



y(geom)m(\023)j(etrica)39 b(del)h(n)s(\023)-53 b(umero)39

b Fh(d)h Fj(que)g(se)g(llamar\023)-50 b(a)37 b(deriv)-6

b(ada)41l b(de)f(la)f(funci\023)-50 b(on)41 b Fh(f)50

b Fj(en)41 b(el)e(pun)m(to)i Fh(a)e Fj(y)199 876 y(se)48
b(denotar\023)-50 b(a)47 b(p)s(or)g Fh(f)1013 840 y Fd(0)1041

876 y Fj(\()p Fh(a)p Fj(\).)85 b(Estudio)47 b(del)g(crecimien)m(to)g(y)
g(decrecimien)m(to)g(de)h(una)g(funci\e23)-50 b(on.)199

996 y(Apro)m(ximaci\e023)g(on)32 b(lineal)g(de)i(una)g(funci\023)-50
b(on)34 b(en)g(un)g(pun)m(to.)55 1115 y(ii\))49 b(La)34
b(funci\e23)-50 b(on)34 b(deriv)-6 b(ada)34 b(de)f(una)h(funci\e23)-50
b(on)35 b Fh(f)11 b Fj(.)28 1235 y(iii\))48 b(T)-8 b(eorema:)74
b(Una)49 b(funci\e23)-50 b(on)50 b Fh(f)64 b Fj(:)53

b Fh(D)k Fg(!)c Fh(I)-25 b(R)48 b Fj(es)h(deriv)-6 b(able)50

b(en)f Fh(a)k Fg(2)h(\016)p Fh(D)e Fj(si)d(y)f(solo)g(si)h(existe)199
1354 y(un)d(n)s(\023)-53 b(umero)44 b Fh(d)h Fj(y)f(una)i(funci\e23)-50
b(on)46 b Fh(\022)j Fj(:)e([)p Fh(a)29 b Fg(\eeO®)i Fh(\016)n(; )17
b(a)29 b Fj(+)h Fh(\e16)t Fj(])47 b Fg('!)g Fh(I)-25 b(R)44

b Fj(\(con)h Fh(\016)51 b(>)d Fj(0\))c(tal)g(que)h Fh(f)11

b FJ(\()p Fh(x)p Fj(\))46 b(=)199 1474 y Fh(f)11 b Fj(\()p

Fh(a)p Fj(\))21 b(+)i Fh(d)p Fj(\()p Fh(x)e Fg(\000)i

Fh(a)p FJ(\))f(+)g(\()p Fh(x)g Fg(\eeo)h Fh(a)p Fj(\))p

Fh(\022)s Fj(\()p Fh(x)p Fj(\))31 b(para)i(to)s(do)g

Fh(x)28 b Fg(2)g Fj([)p Fh(a)21 b Fg(\ee0)i Fh(\016)n(;)17

b(a)k Fj(+)1 Fh(\016)t Fj(])33 b(y)g(adem\023)-50 b(as)47

b(1lim)3168 1534 y Fe(x)p Fd(!)p Fe(a)3352 1474 y Fh(\022)s

Fi(\()p Fh(x)p Fj(\))27 b(=)h(0.)30 1628 y(iv\))49 b(Deriv)-6
b(ada)34 b(de)f(una)h(funci\023)-50 b(on)35 b(p)s(olinomial. )58

1748 y(v\))49 b(T)-8 b(eorema:)43 b(si)33 b Fh(f)44 b

Fj(es)34 b(deriv)-6 b(able, )33 b(en)h(un)g(pun)m(to)g(ella)f(es)g(con)m
(tin)m(ua)h(en)g(ese)g(pun)m(to.)30 1868 y(vi\))49 b(Deriv)-6
b(ada)34 b(de)f(la)g(suma, )f(del)i(pro)s(ducto)g(y)e(del)i(cuo)s(cien)m
(te)g(de)g(dos)g(funciones)h(deriv)-6 b(ables.)3 1987

y(vii\))48 b(Regla)33 b(de)h(la)f(cadena:)45 b(deriv)-6

b(ada)33 b(de)h(la)f(comp)s(osici\®23)-50 b(on)32 b(de)i(dos)g
(funciones)h(deriv)-6 b(ables.)-25 2107 y(viii\))48 b(Deriv)-6
b(ada)34 b(de)f(la)g(funci\e23)-50 b(on)35 b(in)m(v)m(ersa)e(de)h(una)g
(funci\e23)-50 b(on)34 b(in)m(y)m(ectiv)-6 b(a.)30 2226

y(ix\))49 b(Deriv)-6 b(ada)34 b(de)f(la)g(funci\023)-50

b(on)35 b Fh(exp;)17 b( 'n;)g(exp)1715 2241 y Fe(a)1l762

2226 y Fh(y)t(Log)1979 2241 y Fe(a)2026 2226 y Fj(.)58

2346 y(x\))49 b(Deriv)-6 b(ada)34 b(de)f(las)g(funciones)i

Fh(f)11 b Fj(\()p Fh(x)p Fj(\))27 b(=)h Fh(x)1723 2310

y Fe(r)1767 2346 y Fj(,)33 b(con)h Fh(r)c Fg(2)e Fh(I)-25

b(R)p Fj(.)30 2465 y(xi\))49 b(Deriv)-6 b(ada)34 b(de)f(las)g
(funciones)i(trigonom)m(\023)-47 b(etricas)32 b(y)h(sus)h(in)m(v)m
(ersas.)3 2585 y(xii\))48 b(T)-8 b(eorema)27 b(del)h(v)-6

b(alor)27 b(medio: )41 b(Dada)28 b(una)g(funci\e23)-50

b(on)29 b Fh(f)38 b Fj(:)28 b([)p Fh(a;)17 b(b)p Fj(])25

b Fg(!)j Fh(I)-25 b(R)27 b Fj(deriv)-6 b(able, )29 b(en)m(tonces)h
(existe)199 2720 y(un)k(pun)m(to)g Fh(t)28 b Fg(2)p Fj(])p

Fh(a;)17 b(b)p Fj([)32 b(tal)g(que)h Fh(f)1381 2684 y

Fd(0)1409 2720 y Fj(\()p Fh(t)p Fj(\))27 b(=)1667 2672

y Fe(f)8 b FF(\()p Fe(b)p Ff(\))p FAd(\00O)p Fe(f)g FF(\()p

Fe(a)p FF(\))p 1667 2697 359 4 v 1776 2755 a Fe(b)p Fd(\000)p
Fe(a)2037 2720 y Fj(.)199 2840 y(Corolario:)42 b(Dada)31
b(una)h(funci\e23)-50 b(on)33 b Fh(f)38 b Fj(:])p Fh(a;)17

b(b)p Fj([)p Fg(!)25 b Fh(I)-25 b(R)31 b Fj(deriv)-6

b(able, )32 b(si)g(la)e(funci\023)-50 b(on)33 b Fh(f)3109

2804 y Fd(0)3168 2840 y Fj(es)f(n)m(ula)g(en)g(])p Fh(a;)17

b(b)p Fj([)199 2959 y(en)m(tonces)35 b Fh(f)44 b Fj(es)34
b(una)f(funci\023)-50 b(on)35 b(constan)m(te)f(en)g(])p

Fh(a; )17 b(b)p Fj([.)-25 3079 y(xiii\))48 b(Condici\023)-50

b(on)33 b(necesaria)h(de)f(los)g(pun)m(tos)h(m\023)-50

b(aximos)30 b(y)i(m)-11 b(\023)-39 b(\020nimos)31 b(de)i(una)g



(funci\e23)-50 b(on)34 b(deriv)-6 b(able:)45 b(Si)199

3199 y Fh(f)g Fj(:)34 b Fh(D)k Fg(!)33 b Fh(I)-25 b(R)37

b Fj(es)h(deriv)-6 b(able)38 b(y)f(si)g Fh(c)d Fg(2)h(\016)p

Fh(D)40 b Fj(es)e(un)g(m\023)-50 b(aximo)34 b(o)j(m)-11

b(\023)-39 b(\020nimo)35 b(de)i Fh(f)48 b Fj(en)38 b

Fh(D)s Fj(,)g(en)m(tonces)199 3318 y Fh(f)259 3282 y

Fd(0)287 3318 y Fj(\()p Fh(c)p Fj(\))j(=)g(0.)69 b(Esta)41l
b(misma)e(condici\023)-50 b(on)42 b(es)g(v\023)-50 b(alida)40

b(si)i Fh(c)f Fj(es)h(un)g(m\023)-50 b(aximo)38 b(lo)s(cal)j(o)g(un)h
(m)-11 b(\023)-39 b(\020nimo0)199 3438 y(lo)s(cal.)43
b(De\014nici\023)-50 b(on)34 b(de)g(pun)m(to)g(de)g(in\015exi\023)-50
b(on.)-22 3557 y(xiv\))48 b(F)-8 b(unciones)32 b(con)m(v)m(exas.)43
b(Caracterizaci\023)-50 b(on)30 b(de)h(la)f(con)m(v)m(exidad)h(median)m
(te)f(el)g(uso)h(de)g(la)e(funci\e23)-50 b(on)199 3677

y(deriv)-6 b(ada.)45 b(Condici\023)-50 b(on)33 b(su\@l4cien)m(te)i(de)f
(pun)m(to)g(m)-11 b(\023)-39 b(\020nimo)31 b(de)j(una)f(funci\e23)-50
b(on)35 b(con)m(v)m(exa.)6 3796 y(xv\))48 b(F)-8 b(unci\e23)-50
b(on)42 b(dos)f(v)m(eces)h(deriv)-6 b(able)42 b(y)f(deriv)-6

b(ada)41l b(de)h(segundo)g(orden)g(en)g(un)g(pun)m(to.)68

b(T)-8 b(eorema:)199 3916 y(Una)30 b(funci\e23)-50 b(on)31

b Fh(f)38 b Fj(:)28 b Fh(D)i Fg(!)e Fh(I)-25 b(R)29 b

Fj(ser\023)-50 b(a)31 b(dos)f(v)m(eces)h(deriv)-6 b(able)30
b(en)g(un)h(pun)m(to)g Fh(a)c Fg(2)h(\016)p Fh(D)33 b
Fj(si)d(y)f(solo)g(si)h(ella)199 4035 y(es)35 b(deriv)-6

b(able)35 b(en)g Fh(a)g Fj(y)f(existe)g(un)h(n)s(\023)-53

b(umero)35 b Fh(s)f Fj(y)g(una)h(funci\e23)-50 b(on)36

b Fh(\022)c Fj(:)e([)p Fh(a)22 b Fg(\ee0)h Fh(\016)n(;)17

b(a)23 b Fj(+)g Fh(\e16)t Fj(]1)30 b Fg(!)f Fh(I)-25 b(R)35

b Fj(tal)e(que)199 4155 y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))28

b(=)g Fh(f)11 b Fj(\()p Fh(a)p Fj(\))22 b(+)g Fh(f)899

4119 y Fd(0)927 4155 y Fj(\()p Fh(a)p Fj(\)\()p Fh(x)f

Fg(\000)i Fh(a)p Fj(\))f(+)1501 4116 y Ff(1)p 1501 4132

40 4 v 1501 4189 a(2)1553 4155 y Fj(\()p Fh(x)g Fg(\0e0)h

Fh(a)p Fj(\))1863 4119 y Ff(2)1907 4155 y Fh(s)f Fj(+)h(\()p

Fh(x)f Fg(\ee0)h Fh(a)p Fj(\))2386 4119 y Ff(2)2430 4155

y Fh(\022)s Fj(\()p Fh(x)p Fj(\))32 b(para)i(to)s(do)f

Fh(x)c Fg(2)f Fj([)p Fh(a)22 b Fg(\ee0)h Fh(\016)n(; )17

b(a)22 b Fj(+)h Fh(\e16)t Fj(])199 4275 y(y)31 b(adem\023)-50

b(as)45 b(1lim)635 4334 y Fe(x)p Fd(!)p Fe(a)820 4275

y Fh(\022)s Fj(\()p Fh(x)p Fj(\))26 b(=)j(0.)43 b(In)m(terpretaci\023)
-50 b(on)31 b(geom)m(\023)-47 b(etrica)30 b(de)i(la)e(deriv)-6
b(ada)31 b(de)h(segundo)g(orden:)199 4423 y(conca)m(vidad)i(de)g(una)g
(funci\e23)-50 b(on, )34 b(apro)m(ximaci\023)-50 b(on)31
b(cuadr\e23)-50 b(atica)34 b(de)f(una)h(funci\e23)-50

b(on)35 b(en)f(un)f(pun)m(to.)-22 4543 y(xvi\))48 b(La)34
b(funci\e23)-50 b(on)34 b(deriv)-6 b(ada)34 b(de)f(segundo)i(orden)f
(de)g(una)f(funci\e23)-50 b(on)35 b Fh(f)11 b Fj(.)-50

4663 y(xvii\))48 b(Caracterizaci\023)-50 b(on)35 b(de)h(la)e(con)m(v)m
(exidad)i(de)g(una)f(funci\e23)-50 b(on)37 b(median)m(te)e(el)g(uso)g
(de)h(la)f(deriv)-6 b(ada)35 b(de)199 4782 y(segundo)g(orden.)-77

4902 y(xviii\))47 b(Condiciones)35 b(necesarias)h(y)e(su\@l4cien)m(tes)
i(de)f(m\023)-50 b(aximos)32 b(y)i(m)-11 b(\023)-39 b(\020nimos)32
b(lo)s(cales)i(median)m(te)g(el)g(uso)199 5021 y(de)g(la)f(deriv)-6
b(ada)33 b(de)h(segundo)h(orden.)-22 5141 y(xix\))48

b(Regla)33 b(de)h(1'HA)-50 b(opital)32 b(para)h(el)g(c\023)-50
b(alculo)33 b(del)h(1l)-11 b(\023)-39 b(\020mite)31 b(de)j(un)g(cuo)s
(cien)m(te)g(de)g(funciones.)1888 5380 y(4)p eop
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5 4 bop 6 100 a Fj(xx\))48 b(Deriv)-6 b(adas)34 b(de)g(orden)g(sup)s
(erior)f(y)g(desarrollo)g(de)h(T)-8 b(a)m(ylor.)-50 219

y(xx1ii\))48 b(M)m(\023)-47 b(eto)s(do)42 b(de)g(Newton)f(para)h(la)f
(apro)m(ximaci\023)-50 b(on)40 b(del)i(m)-11 b(\023)-39

b(\020nimo)39 b(de)j(una)g(funci\e23)-50 b(on)43 b(y)e(la)g(apro)m(xi-)
199 339 y(maci\023)-50 b(on)32 b(de)i(las)f(ra)-11 b(\023)-39



b(\020ces)34 b(de)g(una)f(ecuaci\023)-50 b(on.)39 565

y(8.-)49 b Fi(In)m(tegraci\023)-57 b(on.)2580 b Fj(\(20,0)32
b(hrs.\))83 790 y(i\))49 b(In)m(tegral)39 b(de)g(Riemann)g(de)g(una)h
(funci\023)-50 b(on)40 b(acotada)e(de\0l4nida)i(en)f(un)h(in)m(terv)-6
b(alo)38 b([)p Fh(a;)17 b(b)p Fj(].)59 b(In)m(ter-)199

910 y(pretaci\023)-50 b(on)34 b(geom)m(\023)-47 b(etrica)32
b(\(de\014nici\023)-50 b(on)34 b(de)g(Area\))e(e)i(in)m(terpretaci\023)
-50 b(onf)-11 b(\023)-39 b(\020sica. )45 b(Algunos)33

b(ejemplos.)55 1030 y(ii\))49 b(T)-8 b(o)s(da)33 b(funci\023)-50
b(on)34 b(con)m(tin)m(ua)g(p)s(or)g(tramos)e(en)i([)p

Fh(a; )17 b(b)p Fj(])31 b(es)j(in)m(tegrable.)44 b(T)-8

b(o)s(da)33 b(funci\023)-50 b(on)34 b(mon\023)-50 b(otona)32

b(y)199 1149 y(acotada)h(en)h([)p Fh(a;)17 b(b)p Fj(])31
b(es)j(in)m(tegrable. )28 1269 y(iii\))48 b(De\014nici\023)-50
b(on)47 b(de)f(la)g(in)m(tegral)f(en)m(tre)i Fh(b)e Fj(y)g

Fh(a)h Fj(cuando)h Fh(a)h(>)h(b)p Fj(.)81 b(In)m(tegral)46
b(de)g(la)g(suma)f(de)h(dos)199 1388 y(funciones)35 b(y)e(del)h(pro)s
(ducto)f(de)h(una)g(funci\023)-50 b(on)34 b(p)s(or)f(un)h(escalar.)30
1508 y(iv\))49 b(Propiedades)41 b(de)f(la)f(in)m(tegral: )56

b(Si)40 b Fh(f)50 b Fj(y)39 b Fh(g)k Fj(son)d(dos)g(funciones)h(in)m
(tegrables)g(en)f(un)g(in)m(terv)-6 b(alo)199 1627 y([)p

Fh(a;)17 b(b)p Fj(])32 b(se)h(tendr\023)-50 b(a)1311

1721 y Fe(c)1257 1740 y Fc(Z)1263 2022 y Fe(a)1373 1876

y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))p Fh(dx)21 b Fj(+)1852

1721 y Fe(b)1797 1740 y Fc(Z)1807 2022 y Fe(c)1914 1876

y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))p Fh(dx)26 b Fj(=)2404

1721 y Fe(b)2349 1740 y Fc(Z)2355 2022 y Fe(a)2465 1876

y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))p Fh(dx)875 2312 y Fj(\()p

Fh(b)21 b Fg(\0ee0)i Fh(a)p Fj(\))78 b(inf)1187 2381 y

Fe(x)p Fd(2)p Ff([)p Fe(a;b)p Ff(])1449 2312 y Fh(f)11

b Fj(\()p Fh(x)p Fj(\))26 b Fg(\024)1830 2156 y Fe(b)1775

2176 y Fc(Z)1781 2458 y Fe(a)1892 2312 y Fh(f)11 b Fj(\()p

Fh(x)p Fj(\))p Fh(dx)26 b Fg(\024)i Fj(\()p Fh(b)22 b

Fg(\0e0)g Fh(a)p Fj(\))g Fg(\ee1)70 b Fj(sup)2694 2400

y Fe(x)p Fd(2)p Ff([)p Fe(a;b)p Ff(])2956 2312 y Fh(f)11

b F3(\N()p Fh(x)p Fj(\))766 2748 y Fh(g)t Fj(\()p Fh(x)p

Fj(\))26 b Fg(\024)i Fh(f)11 b Fj(\()p Fh(x)p Fj(\))32
b(para)h(to)s(do)g Fh(x)28 b Fg(2)g Fj([)p Fh(a;)17 b(b)p

Fj(])26 b Fg(\))2351 2592 y Fe(b)2297 2612 y Fc(Z)2303

2893 y Fe(a)2413 2748 y Fh(g)t Fj(\N()p Fh(x)p Fj(\))p

Fh(dx)g Fg(\024)2895 2592 y Fe(b)2840 2612 y Fc(Z)2846

2893 y Fe(a)2956 2748 y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))p

Fh(dx)1466 2980 y Fc(\014)1466 3039 y(\014)1466 3099

y(\014)1466 3159 y(\014)1466 3219 y(\014)1466 3278 y(\014)1554

3028 y Fe(b)1499 3048 y Fc(Z)1505 3329 y Fe(a)l616 3184

y Fh(f)g FJ(\()p Fh(x)p Fj(\))p Fh(dx)1920 2980 y Fc(\014)1920

3039 y(\014)1920 3099 y(\014)1920 3159 y(\014)1920 3219

y(\014)1920 3278 y(\014)1979 3184 y Fg(\024)2139 3028

y Fe(b)2084 3048 y Fc(Z)2090 3329 y Fe(a)2201 3184 y

Fg(j)p Fh(f)g FI(\()p Fh(x)p FJ(\))p Fg(j)p Fh(dx)199

3564 y Fj(si)33 b(es)h Fh(f)43 b Fj(es)34 b(con)m(tin)m(ua)g(con)f(v)-6
b(alores)33 b(en)h Fh(I)-25 b(R)1768 3579 y Ff(+)1868

3564 y Fj(en)m(tonces)2295 3464 y Fe(b)2269 3484 y Fc(R)2271

3655 y Fe(a)2352 3564 y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))p

Fh(dx)27 b Fj(=)h(0)f Fg(,)h Fh(f)11 b Fj(\()p Fh(x)p

Fj(\))26 b(=)i(0)33 b(para)g(to)s(do)199 3749 y Fh(x)28

b Fg(2)g Fj([)p Fh(a;)17 b(b)p Fj(])31 b(si)i Fh(f)44

b Fj(y)33 b Fh(g)j Fj(son)e(con)m(tin)m(uas)g(en)m(tonces)984

3918 y Fc(\014)984 3978 y(\014)984 4037 y(\014)984 4097

y(\014)984 4157 y(\014)984 4217 y(\014)1072 3966 y Fe(b)1017

3986 y Fc(Z)1023 4268 y Fe(a)l1134 4122 y Fh(f)11 b Fj(\()p

Fh(x)p FJ(\))p Fh(g)t FI(\()p Fh(x)p F3(\))p Fh(dx)1625

3918 y Fc(\014)1625 3978 y(\014)1625 4037 y(\014)1625

4097 y(\014)1625 4157 y(\014)1625 4217 y(\014)1683 4122



y Fg(\024)1788 3922 y Fc(2)1788 4101 y(4)1909 3966 y

Fe(b)1854 3986 y Fc(Z)1860 4268 y Fe(a)1954 4122 y Fj(\()p

Fh(f)g Fj(\()p Fh(x)p Fj(\)\))2227 4081 y Ff(2)2270 4122

y Fh(dx)2450 3966 y Fe(b)2395 3986 y Fc(Z)2401 4268 y

Fe(a)2495 4122 y Fj(\()p Fh(g)t Fj(\()p Fh(x)p Fj(\)\))2760

4081 y Ff(2)2803 4122 y Fh(dx)2912 3922 y Fc(3)2912 4101

y(5)2990 3906 y Fa(1l)p 2990 3917 34 4 v 2990 3957 a(2)58

4452 y Fj(v\))49 b(T)-8 b(eorema)32 b(fundamen)m(tal)i(del)f(c\023)-50
b(alculo.)30 4571 y(vi\))49 b(F\023)-50 b(orm)m(ula)37
b(de)h(la)f(mediana: )52 b(Si)38 b Fh(f)45 b Fj(:)35 b([)p

Fh(a; )17 b(b)p Fj(])33 b Fg(!)i Fh(I)-25 b(R)37 b Fj(es)h(con)m(tin)m
(ua, )h(en)m(tonces)h(para)d(to)s(da)g(funci\023)-50 b(on)199

4691 y(con)m(tin)m(ua)43 b Fh(\e36)e Fj(:)g([)p Fh(a;)17

b(b)p Fj(1)40 b Fg(!)h Fh(I)-25 b(R)1254 4706 y Ff(+)1361

4691 y Fj(\(0)41 b Fh(I)-25 b(R)1586 4706 y Fd(\000)1653

4691 y Fj(\), )43 b(existe)f(una)g(constan)m(te)g Fh(\026)p
Fj(,)h(con)82 b(min)3030 4760 y Fe(x)p Fd(2)p Ff([)p

Fe(a;b)p Ff(]1)3292 4691 y Fh(f)11 b Fj(\()p Fh(x)p Fj(\))41

b Fg(\024)h Fh(\026)f Fg(\024)229 4956 y Fj(max)199 5025

y Fe(x)p Fd(2)p Ff([)p Fe(a;b)p Ff(])462 4956 y Fh(f)11

b Fj(\()p Fh(x)p Fj(\),)43 b(tal)e(que)1106 4856 y Fe(b)1081

4876 y Fc(R)1083 5046 y Fe(a)l1l164 4956 y Fh(f)11 b Fj(\()p

Fh(x)p F3(\))p Fh(g)t FI(\()p Fh(x)p Fj(\))p Fh(dx)40

b Fj(=)j Fh(\026)1917 4856 y Fe(b)1892 4876 y Fc(R)1894

5046 y Fe(a)1975 4956 y Fh(\036)p Fj(\()p Fh(x)p Fi(\))p

Fh(dx)p Fj(.)71 b(Escribir)42 b(la)g(igualdad)g(para)g(el)g(caso)199
5141 y(particular)33 b(en)h(que)f Fh(\036)p Fj(\()p Fh(x)p

Fj(0)28 b(=)g(1)33 b(para)g(to)s(do)g Fh(x)28 b Fg(2)g

Fj([)p Fh(a;)17 b(b)p Fj(].)1888 5380 y(5)p eop
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6 5 bop 3 100 a Fj(vii\))48 b(Cam)m(bio)32 b(de)i(v)-6
b(ariable.)-25 219 y(viii\))48 b(In)m(tegraci\023)-50

b(on)34 b(p)s(or)f(partes.)30 339 y(ix\))49 b(In)m(tegraci\023)-50
b(on)34 b(de)g(fracciones)g(racionales.)58 458 y(x\))49
b(Aplicaciones: )40 b(C\023)-50 b(alculo)23 b(de)h(\023)-50
b(areas, )25 b(c\023)-50 b(alculo)24 b(del)f(largo)g(de)h(una)g(curv)-6
b(a, )26 b(c\023)-50 b(alculo)23 b(del)h(v)m(olumen)f(de)199

578 y(un)37 b(s\023)-50 b(olido)36 b(de)g(rev)m(oluci\023)-50

b(on, )37 b(c\023)-50 b(alculo)36 b(del)g(v)-6 b(alor)36
b(medio)f(p)s(onderado)i(de)f(una)h(funci\e23)-50 b(on, )38
b(c\023)-50 b(alculo)199 697 y(de)46 b(la)f(masa)g(de)h(una)g(v)-6
b(arilla)44 b(no)h(homog)m(\023)-47 b(enea, )48 b(c\023)-50
b(alculo)45 b(del)h(cen)m(tro)g(de)g(gra)m(v)m(edad)g(de)g(una)199
817 y(v)-6 b(arilla)33 b(no)i(homog)m(\023)-47 b(enea, )34
b(c\023)-50 b(alculo)34 b(del)h(momen)m(to)d(de)j(inercia)g(de)g(una)g
(v)-6 b(arilla)33 b(no)h(homog)m(\023)-47 b(enea)199

936 y(con)34 b(resp)s(ecto)g(a)f(un)h(eje, )g(c\023)-50

b(alculo)33 b(de)h(la)e(presi\023)-50 b(on)34 b(hidrost\023)-50
b(atica.)30 1056 y(xi\))49 b(In)m(tegral)33 b(de)h(una)g(funci\023)-50
b(on)34 b(sobre)g(un)g(in)m(terv)-6 b(alo)33 b(no)g(acotado.)3

1176 y(xii\))48 b(In)m(tegral)33 b(de)h(una)g(funci\023)-50

b(on)34 b(no)g(acotada.)-25 1295 y(xiii\))48 b(In)m(tegraci\023)-50
b(on)34 b(n)m(um)m(\023)-47 b(erica.)-22 1415 y(xiv\))48
b(Sucesiones)35 b(de)f(Dirac)f(y)g(apro)m(ximaci\023)-50

b(on)32 b(uniforme)h(con)h(con)m(v)m(oluci\e23)-50 b(on.)6

1534 y(xv\))48 b(Segunda)35 b(demostraci\023)-50 b(on)32
b(del)i(T)-8 b(eorema)32 b(de)i(W)-8 b(eirstrass)34 b(median)m(te)f(la)
f(sucesi\023)-50 b(on)35 b(de)f(Dirac)199 1899 y Fh(d)251

1914 y Fe(k)300 1899 y Fj(\()p Fh(x)p Fj(\))27 b(=)579

1832 y(\(1)22 b Fg(\00O)h Fh(x)847 1796 y Ff(2)891 1832

y Fj(\))930 1796 y Fe(k)p 579 1876 400 4 v 733 1967 a

Fh(c)776 1982 y Fe(k)1024 1899 y Fj(si)33 b Fh(x)28 b

Fg(2)g F3([)p Fg(\eGO)p Fj(1)p Fh(;)17 b Fj(1])32 b(y)h

Fh(d)1751 1914 y Fe(k)1800 1899 y Fj(\()p Fh(x)p Fj(\))27



b(=)h(0)33 b(si)g Fh(x)39 b(=)-61 b Fg(2)28 b Fj([)p
Fg(\ee®)p Fj(1)p Fh(;)17 b Fj(1])p Fh(;)48 b Fj(con)34

b Fh(c)3009 1914 y Fe(k)3086 1899 y Fj(=)3244 1744 y
Ff(1)3192 1763 y Fc(Z)3169 2046 y Fd(\000)p Ff(1)3293

1899 y Fj(\(1)20 b Fg(\000)h Fh(x)3557 1858 y Ff(2)3601

1899 y Fj(\))3640 1858 y Fe(k)3689 1899 y Fh(dx:)0 2382

y Fi(BIBLIOGRAFIA)116 2621 y Fj(-)50 b(APOSTOL, )34 b(T.,)f(C\023)-50
b(alculo, )32 b(V)-8 b(0l.)43 b(I, )33 b(Rev)m(ert)m(\023)-47
b(e, )33 b(\(1965\).)116 2741 y(-)50 b(CAR)-8 b(T)g(AN, )32
b(H.,)g(Calculus)i(Diferencial, )f(Omega, )g(\(1972\).)116
2860 y(-)50 b(FRIEDMAN, )33 b(A.,)f(Adv)-6 b(anced)35
b(Calculus, )e(Holt-Rinehart)g(and)h(Winston, )f(\(1971\).)116
2980 y(-)50 b(KITCHEN, )33 b(J.,)f(Calculus)i(of)g(One)g(V)-8
b(ariable, )32 b(Addison-W)-8 b(esley)g(, )33 b(\(1968\).)116
3099 y(-)50 b(LANG, )33 b(S.,)g(Analysis)g(I, )f(Addison-W)-8
b(esley)g(, )34 b(\(1968\).)116 3219 y(-)50 b(SPIV)-11

b(AK, )33 b(M.,)g(C\023)-50 b(alculo)33 b(In\014nitesimal, )f(Rev)m(ert)m
(\023)-47 b(e, )33 b(\(1976\).)1888 5380 y(6)p eop
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end

userdict /end-hook known{end-hook}if
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